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Introduction to optical trapping

In the last few decades, novel microscopy techniques have been developed to monitor the activity of single
enzymes as they perform their biological functions in vitro. Motor proteins such as kinesin, myosin, F1 Fo
ATPase, and RNA polymerase have been mercilessly subjected to magnetic, elastic, and optical forces
[14, 40, 48, 16, 18]. In 1986, Ashkin and colleagues reported the first observation of a stable threedimensional optical trap, or optical tweezers, created using radiation pressure from a single laser beam
[4]. Only a few years later, Block and colleagues had used an optical trap to manipulate and apply forces to
E. coli flagella [8] and single kinesin motors [9]. Optical traps use light to manipulate microscopic objects
as small as 10 nm using the radiation pressure from a focused laser beam. In addition, measurement of
the light deflection yields information about the position of the object in the laser focus. Many excellent
reviews have been written about optical trapping, its uses, and designs, see e.g. [2, 6, 22, 27, 37, 38, 43]. In
particular, Lang and Block [23] is a thorough review of the optical trapping literature. This manuscript is
meant to be a practical guide to understanding optical traps, and not an in depth review. When possible,
simple examples and explanations are used to give the reader an intuitive feel for how these systems work
and how they are implemented. I hope that this document will continue to improve, and welcome any
comments.
The picoNewton and nanometer ranges of force and distance accessible to optical traps make them
particularly useful for studying biological systems (Fig. 1) [7]. Optical forces have been used to investigate
structural properties of biological polymers such as DNA [10, 46], membranes [39], whole cells [3] and
microtubules [21]. Microrheological properties of these objects can be probed through the application of
forces either to the object itself, or to a small dielectric sphere, or bead, to which the object is attached.
Molecular motors represent the most used application of optical traps in the biological sciences. A great
deal has been learned about kinesin [1, 9, 11, 12, 19, 20, 44], dynein [26, 25], myosin [28, 32, 33, 41, 42],
and RNA polymerase [13, 15, 30, 36, 45] using optical forces.
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How optical traps work

In the focus of a laser beam a dielectric particle, such as a glass or polystyrene bead, experiences a
force, called the gradient force, that tends to bring push towards the laser focus where the light intensity
is highest. This force arises from the momentum imparted to the bead as it scatters the laser light.
Although the full theory of optical trapping is quite complex (see e.g. Rohrbach and Stelzer [34]), a
few simplified examples allow for a good working intuition. The easiest case to consider occurs when
the particle is much larger than the wavelength of light and is displaced from the laser focus laterally
(Fig. 2A). When the particle sits to the right of the laser focus, f , the overall direction of propagation
of the laser beam is deflected to the right. Rays a and b are refracted such that they meet to the right
of the laser focus. The momentum change of these photons imparts an equal and opposite momentum
1
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Figure 1: Different Optical Trapping Assays. (A) Optical trapping studies of RNA
polymerase typically fix the polymerase to a
optically trapped bead while the distal end
of the DNA is attached to the microscope
coverslip. As the polymerase moves along
the DNA it must do work against the optical trap. (B) In a typical assay of kinesin
motion, a motor–coated bead moves along
a microtubule towards its plus–end, while
being subjected to a retarding force by the
optical trap. (C) Studies of non-processive
motors, such as muscle myosin and NCD,
often involve more complicated geometries
and multiple optical traps. In this study, a
myosin motor fleetingly grabs the actin filament suspended between the two optical
trapped beads and strokes before letting go.
(D) Optical traps can also be used to study
the polymerization of biofilaments. Here a
polymerizing microtubule is immobilized by
attachment to two optically trapped beads.
As the microtubule grows it rams against
a glass pillar pushing against the optical
forces.

change to the particle. The force on the particle at a particular displacement from the focus is linearly
proportional to the total laser power – the more rays that are diffracted, the more force is imparted to
the particle. The situation gets slightly more complicated when one considers the more realistic case of
a Gaussian laser mode, one in which the intensity profile of the laser beam in a plane perpendicular to
the direction of propagation is a two–dimensional Gaussian (Fig. 2B).
When the dielectric particle is very small compared to the wavelength of light it can be approximated
as a perfect dipole that feels a Lorentz force due to the gradient in the electric field (Fig. 2C). Because
the beam profile is Gaussian, the Lorentz force points towards the focus and is equal to
F = (p · 5) E +

1 dp
×B
c dt

(1)

where p = αE is the dipole field and α is the polarizability. Optical traps are typically used with a
∂
(E × B) = 0 . In this case the time-averaged force becomes
continuous wave (CW) laser such that ∂t
hF i =

α
5 E2
2

(2)

Typically, optical trapping experiments are performed using 500–nm polystyrene or glass spheres and
a 1064–nm wavelength trapping laser. This combination of bead size and laser wavelength puts the real
physics somewhere between the ray–optic and dipole regimes. The full theory of Mie scattering can get
quite complicated, but the intuition gained from the other representations shown in Figure 2 remains
useful even if it is not completely accurate.
A restoring force also exists in the axial dimension. If the particle is displaced axially below the laser
focus (Fig. 3A), the overall direction of the laser propagation is not changed, but the divergence is. Rays
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Figure 2: Simplified illustrations of optical trapping. (A) The simplest ray-optics diagram. In the absence
of the bead, two rays (a and b) are focused through the objective lens to position f , the true laser focus.
Refraction through the bead, which is displaced to the right of the laser focus, causes the new focus to lie
to the right of f . After exiting the bead, ray a is bent up and to the right of its original trajectory, while
ray b is deflected down and to the right. Fa and Fb represent the forces imparted to the bead by rays
a and b; Ftotal is the sum of these two vectors and points to the left. (B) The force from a single-beam
gradient optical trap with Gaussian intensity profile; two rays are drawn. The central ray, a, is of higher
intensity than the extreme ray, b. Again, the bead is displaced to the right of the true laser focus. The
total force on the bead, Ftotal , again points to the left. (C) Dielectric particles much smaller than the
wavelength of light can be considered to be perfect dipoles. The gradient in intensity, and hence electric
field, produces a Lorentz force on the particle directed towards the laser focus.
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a and b are refracted such that the new focus within the bead lies below f , and are more convergent
upon exiting the bead. This slight refocusing of the laser causes a force on the particle pointing upwards,
towards the laser focus f . The opposite is true when the particle is above the focus and the rays become
more divergent (Fig. 3B).

Figure 3: Description of axial trapping forces. Axial displacements of a bead in an optical trap change
the relative amount of divergence of the focused laser light. In the absence of the bead, two rays (a and
b) are focused through the objective lens to position f , the true laser focus. (A) Refraction through the
bead, which is displaced below the laser focus, causes the new focus to lie below f . Upon exiting the
bead the two rays are more convergent; ray a is bent down and to the left, while ray b is deflected down
and to the right. Fa and Fb represent the forces imparted to the bead by rays a and b; Ftotal is the sum
of these two vectors and points to upwards. (B) When the bead is displaced above the laser focus, the
deflected rays a and b are more divergent, and the resulting force points downward.
Not all of the light is refracted through the particle; some gets reflected backwards. The force associated with these rays, the scattering force, pushes the particle away from the laser focus and causes the
center of the optical trap to exist at a position displaced axially from the focus.
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Microscope basics

As described in the previous section, all that is needed to make an optical trap is a laser and a lens. In
practice however the lens must be a high numerical aperture, multi–element lens and the system must
be capable of handling standard microscope slides. For these reasons, most optical trapping instruments
are modifications of commercial microscopes [38], although some groups build them from scratch [47]. A
collimated laser sent into the objective lens is focused to a diffraction–limited spot in the image plane
forming the optical trap. It is important that the direction of laser propagation be parallel to the objective
lens axis such that the optical trapping axes are aligned with the microscope axes. The objective and
condenser lenses are set up in a telescope by imaging the field iris in the image plane of the microscope
(Fig. 4). This telescope will become important later in the discussion of back-focal plane detection and
beam steering. Koehler illumination, achieved by imaging the lamp filament in the plane of the condenser
iris with a Bertrand lens, results in a very uniform field of illumination in the image plane and allows for
excellent differential–interference microscopy. Two excellent texts on microscopy techniques are Inoue
and Spring [17] and Murphy[29].

Figure 4: Microscope diagram with Koehler Illumination. In Koehler illumination two sets of conjugate
planes are created using the lamp collector, condenser and objective lenses. The lamp filament, condenser
iris, and objective back-focal plane are all in conjugate positions, as are the field iris and image plane.
The lateral dimensions, x and y, and axial dimension, z, are all defined relative to the optical axis.
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In a typical experiment, a sample of proteins, beads, and buffer is loaded onto a flow cell made by
attaching a KOH–cleaned coverslip to a standard microscope slide with double–sided tape. Two pieces of
tape are mounted such that the space between them forms a channel through which fluid can be added
on one end and extracted on the other (Fig. 5). The thickness of the flow cell is about 40 µm.

Figure 5: Flow cell construction. A KOHcleaned coverslip is attached to a standard microscope slide by two pieces of
double–sided tape (grey) forming a central channel. Fluid can be flowed through
this channel with a micropipette and extracted from the other wide by applying a
small vacuum. The flow-cell is mounted
coverslip–side down on the microscope
to avoid spherical aberrations that arise
when imaging through the much thicker
slide.
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Lens basics

The basic properties of a thin lens are displayed in Figure 6. Parallel rays get focused to a single spot
one focal distance away (Fig. 6A). This property allows one to use a lens to create an image of object on
the other side of the lens (Fig. 6B). The thin lens equation (3) relates the distances to the image and the
object to the focal distance.
1
1 1
+ =
(3)
i
o
f

Figure 6: Basic lens properties. A lens is a curved material used to change the convergence of light rays.
(A) Parallel rays impingent on a lens become focused at a distance equal to the focal length of the lens,
f . (B) A lens can be used to create an image. The distance to the object, o, and image, i, are related to
the focal distance by Equation (3).
Two lenses can be combined to form a Keplerian telescope by separating them by the sum of their
focal lengths (Fig. 7). In this configuration, collimated light coming in remains collimated after the
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telescope. Telescopes can be used to change the diameter of a collimated laser beam (Fig. 7B), but are
also useful for propagating conjugate planes for the purpose of beam steering (see below).

Figure 7: Telescopes can be formed with two
lenses. A Keplerian telescope is formed by separating two lens by the sum of their focal lengths.
The magnification of the telescope is equal to the
second focal length divided by the first. Assuming
the light is traveling from left to right, a 1:1 (A)
and a 2:1 (B) telescope are shown.
Telescopes can also be used as laser beam collimators. By changing the spacing between two lenses, a
collimated beam can be made to be convergent or divergent, and visa–versa. This control will be useful
for changing the axial position of the optical trap. An example using a one–to–one telescopic collimator
is shown in Figure 8.

Figure 8: Telescopes can change the divergence of
a laser beam. By placing the lens closer than the
sum of the two focal lengths, a telescope can make
the impingent light more divergent. If the lens are
a larger distance apart, the beam becomes more
convergent.
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Beam steering

Beam steering in an optical trap is achieved by rotating the direction of laser beam propagation in a
plane conjugate to the back focal plane of the objective (Fig. 9).
The back–aperture of the objective is usually inside the microscope housing so that it is not practical
to place optical elements there for the purposes of beam steering. Instead, relay imaging using telescopes
can be used to transmit rotations from a conjugate plane to the back- aperture. This method preserves
the collimation of the trapping laser at the same time as producing translations of a well aligned optical
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Figure 9: Lenses turn rotations
into translations. Rotations at position a, one focal length behind
the lens, become translations after
the lens.
trap. Figure 10 demonstrates how rotations can be propagated with relay imaging. Rotations at a are
imaged into rotations at c, which would presumably be the back-aperture of the microscope objective.
Because the two lenses are set up in a telescope, the collimation of the laser at c is the same as at a.
With a one–to–one telescope (Fig. 10A) rotations at a are the same magnitude as at c, whereas fora
one–to–two telescope, rotations at a are reduced by a factor of two (Fig. 10B).

Figure 10: Rotations can be propagated with relay imaging. Relay image with a telescope propagates
rotations along the beam path between conjugate planes without changing the laser beam collimation.
Rotations at position a in a 1:1 telescope (A) produce rotations of the same magnitude at c, whereas the
rotations are reduced by a factor of two in a 2:1 telescope (B).
Rotations need not be created exactly one focal distance behind the lens of a telescope. For any
arbitrary Keplerian telescope with focal lengths f1 and f2 (Fig. 11), rotations at a distance x behind the
first lens, position a, are recreated at a distance y after the telescope, position c, where y is given by
 2
f2
y = f2 −
(x − f1 )
(4)
f1
The magnitude of the rotation at c is equal to f1 /f2 times the magnitude at a.
Although mirrors are the most obvious choice for producing rotations of the trapping beam, lenses can
also be used. As diagramed in Figure 12, translation of the lens at position a rotates the laser beam. By
putting this lens into a telescope, rotations can be achieved at b while keeping the laser beam collimated.
The distance to b is given by i = (f1 + f2 ) f2 /f1 .
Slight adjustment of the collimation of the trapping beam can be used to change the axial position
of an optical trap relative to the image plane (Fig. 13). Similar to the situation presented in Figure 8,
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Figure 11: Position of conjugate planes relative to a telescope. The Keplerian telescope creates a conjugate
plane to a at position c. The distance y can be found from x and the two focal lengths using Equation
(4).

Figure 12: Translation of a lens causes rotations of the trapping laser. Translation of the lens a yields a
rotation of the impingent laser beam. By placing this lens in a telescope, the rotations at a are imaged
onto a conjugate plane at b a distance i from the second lens.
adjustment of the axial position of lens a in Figure 12 produces changes in the collimation of the trapping
laser. Therefore, the optical trap can be steered in three dimensions using a single lens.

6

Acousto-optic deflectors

Rotations can also be produced using an acousto–optic deflector (AOD), a high optical–density crystal in
which a traveling sound wave creates a moving diffraction pattern. In an AOD, a piezo–electric transducer
is coupled to a diffracting crystal, usually made of TeO2 for 1064–nm trapping light, which is angle cut at
the opposite end and fixed to an acoustic absorber (Fig. 14). The transducer is driven with an RF drive
signal of 10 V pk–to–pk at a frequency of about 30 MHz generated by a PCI–bus, computer-controlled
frequency generator and amplified with an RF amplifier. The induced sound wave propagates through
the crystal, creating traveling regions of high and low material, and hence optical, density. A laser beam
input at roughly the Bragg angle diffracts off this moving grating with most of the power in the first-order
diffracted beam. Adjustment of the frequency of the sound wave manifests as a change in the spacing
of the diffraction grating, because the speed of sound in the crystal is fixed. Therefore, changes in the
deflection angle of the first-order diffracted beam are linearly proportional to changes in the frequency of
the RF drive signal
∆f
∆θdef lection ≈ λ
(5)
Vsound
where λ is the wavelength of light in air and Vsound is the speed of sound in the crystal. The angular
position of the diffracted beam can be changed very quickly by adjustment of the drive frequency with
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Figure 13: Adjustment of the axial position of an optical trap. Adjustment of the collimation of the
input laser changes the position of the focus relative to the image plane (dashed line).
a fast, computer–controlled RF generator. This time response is limited only by the time required for
the traveling wave to cross the laser beam, and so is equal to the laser beam diameter divided by the
acoustic speed, about 5 µs for a 3 mm beam. AODs are especially useful because they are inherently
random access. Unlike lenses or mirrors, one need not sweep though a series of intermediate angles when
changing from one position to another.

Figure 14: Schematic of an acousto-optic deflector. A 10 V RF sine wave drives the piezo–electric
transducer (green) which is mechanically coupled
to the AO crystal (light blue). This creates a traveling sound wave with period regions of high and
low material density (dark blue). The end of the
AO crystal is angle cut and attached to an acoustic absorber (grey). Laser light (red) diffracts off
the diffraction grating created by the sound wave.
Changes in the frequency of the sound wave cause
proportional changes in the angle of the 1st order
diffracted beam.
The absorber on an AO crystal does not absorb all the acoustic energy, and reflections off the back
surface interfere with the main traveling wave and set up acoustic standing waves. This interference has
two effects. Firstly, the response time to changes in angular deflection is increased to as much as 100 µs
as a new standing wave pattern is created. Secondly, interactions of the laser light with the standing

6

ACOUSTO-OPTIC DEFLECTORS

11

wave cause nonlinearities in the deflection angle, so that Equation (5) holds only approximately. These
nonlinearities are on the order of 5–10 µrad from the nominal value, which typically translates into 5 nm
uncertainty in the position of the optical trap (Fig. 15).

Figure 15: Nonlinearity in the AOD angular deflection. (A) The angular deflection of one AOD crystal
as a function of the driving frequency. Nonlinearities in the response are due to standing waves created
in the AO crystal. (B) Residual from a line fit to the data in A.
In addition to altering beam angle, AODs can be used to change the intensity and frequency of the
first-order diffracted beam. Changes in the amplitude of the RF driving signal alter the efficiency of the
diffraction and can be used to modulate the intensity of the first-order beam. Because the sound wave
is moving in the crystal, the frequency of the first-order diffracted light is Doppler shifted. As drawn in
Figure 14, the sound wave fronts are moving towards the incident laser light and hence the diffracted
light is up-shifted in frequency. A pair of AODs, aligned orthogonally, can be used to deflect the trapping
laser beam in two-dimensions. By placing these crystals in a plane conjugate to the back–focal plane
of the objective, one can control the position of an optical trap in the image plane in two–dimensions
(for example at position a in Figure11). Typically, both lens steering, for coarse positioning, and AODs,
for fine computer control of trap position, are designed into an optical trapping apparatus as shown in
Figure 16. With a 3:1 total beam expansion after a pair of IntraAction Corp. TeO2 AOD crystals going
into a Nikon 100× 1.4 N.A. objective, a frequency change of 1 MHz, corresponding to an angular change
of 1.7 mrad, moves the optical trap by about 1.1 µm. The instrument diagram in [24] incorporates all
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the elements shown in Figure 16.

Figure 16: Typical optical trapping setup with steering lens and AODs. Lenses A and B, and C and D
are setup in Keplerian telescopes. Lens D creates an image of the back-focal plane onto lens C, which
can be used to steer the optical trap both laterally and axially. Telescope AB creates an image of lens
C, and hence the back–focal plane, onto the AODs, which are used to steer the optical trap laterally.
The alignment of a pair of acousto–optic deflectors is often difficult. One requires that the diffraction
efficiency be high, 60-80% through each crystal, and that this efficiency be as uniform as possible across
the range of angles used, 17 mrad or 10 MHz. In practice, aligning the AODs is as much an art as a
science, and the best geometry is often found by trial and error. An example of the diffraction efficiency
through a pair of IntraAction AODs is shown in Figure 17.

Figure 17: The diffraction efficiency of
a pair of AODs. (A) The diffraction
efficiency of a single crystal as a function of RF driving frequency. The efficiency is very high on average, 85%, but
shows significant variation with changes
in frequency. (B) In a pair of AODs,
the 1st order diffracted beam from the
first crystal moves slightly over the face
of the second crystal causing further
modulations in the total diffraction efficiency. The average efficiency of this
pair of crystals is 63%.
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Position detection

Modern optical traps use a separate detection laser to monitor the position of a trapped or stuck bead.
A separate laser allows one to maximize the total range, and sensitivity of bead detection, as well as
allowing for on-the-fly calibrations of a trapped bead [24]. As shown in Figure 2, lateral displacements
of a bead near the focus of a laser cause rotations in the direction of laser propagation. These rotations
occur in the image plane where the laser is focused, and hence cause translations in the back-aperture of
the condenser. Recall that the objective and condenser lenses are set up in a Keplerian telescope when
aligning Koehler illumination. Like the objective, the back-aperture of the condenser lens is inaccessible
in a microscope, and so a lens is used to image a photodetector into a plane conjugate to the back–focal
plane (Fig. 18). Translations of a bead in the laser focus cause translations of the detection laser in
the back-focal plane and are detected either by a quadrant photodiode (QPD) [24], or more recently, a
position sensitive detector (PSD) [35], which are able to record the position of the center–of–intensity of
the laser light in two dimensions.

Figure 18:
Diagram of back-focal
plane detection. The detection lens
is positioned such that the back–focal
plane of the condenser is imaged onto
a 2D photodetector. Rotations of the
detection laser (red) cause translations
in the back–focal plane which are read
out at the detector. A dichroic mirror (green) is reflects the detection
laser (usually either red or infrared),
but transmits the green light used for
imaging.
Axial motions can also be detected using an optical trap. Figure 3 demonstrates that axial displacements of a bead through a laser focus change the collimation of the laser. As the detection laser light
passes through the condenser iris, the outer–most ring of light is blocked from the detector. When a
bead moves through the laser focus axially, the relative amount of light that is blocked changes, and
so the total amount of light impingent on the photodetector also changes. There is a trade off between
the lateral and axial detection sensitivities. Because the axial detection relies on blockage of the outer
edges of the detection beam, narrowing the condenser iris, effectively reducing the condenser numerical
aperture, increases sensitivity to axial motions. In contrast, the lateral detection scheme monitors the
rotation of the laser light in the image plane, which has a large contribution from the outer most rays.
The diameter of the condenser iris is usually set such that the lateral and axial detection sensitivities fit
the needs of the experiment at hand. The position detector is calibrated by moving a trapped or stuck
bead while monitoring the x–, y–, and z–voltage signals from the photodetector. A detailed description
of this procedure can be found in Lang et al. [24] and Pralle et al. [31].
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Trap stiffness determination

For small motions of a bead near the center of an optical trap, the forces acting on the bead approximate
a zero rest–length, linear spring at the trapping center. Recall this position is offset from the laser focus
due to the scattering force. Considerable effort has been placed on measuring the trap stiffness with high
accuracy. Many methods have been developed for this purpose, three of which will be described in detail
here.
The easiest of these methods calculates the variance in the Brownian motion of a trapped bead. By
the equipartition theorem, the energy in the Brownian motion of the trapped bead is equal to 21 kB T ,
whereas the energy stored in the spring is equal to the one half times the spring constant, α, times the
variance in the motion. Setting these two energies equal and solving for the stiffness yields
x2
kB T

α=

(6)

Calculation of the variance in position is straightforward, and is an easy way to estimate the trap stiffness
although one needs a calibrated position detector.
The most useful method involves measuring the frequency spectrum of the Brownian noise exhibited
by the bead. Typically, the mass of the bead is so small that the Reynolds number is very low and inertial
forces are much weaker than those of hydrodynamic drag. In this regime, the equation of motion for the
bead is that of a massless, damped oscillator driven by Brownian motion
β ẋ (t) + αx (t) = F (t)

(7)

where x is the position of the bead, β = 6πηr is the drag coefficient of the bead, η is the viscosity of
the surrounding fluid, and r is the bead radius. The Brownian noise source, F (t), has zero mean, and is
essentially white with amplitude
2

F̃ (f )

= 4βkB T

(8)

The Fourier transform of Equation (8) is

2πβ

α
− if
2πβ


x̃ (f ) = F̃ (f )

(9)

The power spectrum is then given by
2

|x̃ (f )| =
π2 β



kB T
2

α
2πβ

(10)


+

f2

Equation (10) is that of a Lorentzian with corner frequency fc = α/2πβ . Therefore the stiffness of the
trap is given by α = 2πβfc . Power spectra measurement and subsequent fitting of the corner frequency
are easily achieved and usually take a few seconds. Typical trap stiffnesses of 0.1 pN/nm yield a corner
frequency of around 3 kHz for a 500–nm bead. If the trapping center is relatively close to the focus of the
detection laser beam then the position to photodetector voltage calibration will be linear and the corner
frequency can be found from the power spectrum of the voltage data.
Optical traps typically work around one micron above the coverslip, where the hydrodynamic drag
coefficient of the bead is altered by the proximity of the surface. The viscous drag on a sphere of radius
r whose center is a distance h above a surface is
β=

6πηr
1−

9
16

r
h



+

1
8


r 3
h

−

45
256


r 4
h

−

1
16


r 5
h

(11)
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A useful table of correction values can be found in [38]. The height of the bead above the coverslip surface
can be found by monitoring the axial detection signal as the surface is moving into contact with the bead
[24].
In addition to the corner frequency, the power spectra contains information about the overall frequency
response of the detection system. Unintended filtering, caused by a weak response of the photodetector
to the infrared detection laser, or poorly designed electronics, will cause the high frequency portion of
the power spectrum to fall below that of a true Lorentzian and reduce the apparent stiffness (for a very
complete analysis see [5]). Extra noise may be caused by poor mounting of an optic or the clipping of the
detection laser on something which vibrates. These vibrations can be seen at relatively low frequencies
in the power spectrum. Extra noise in the position signal causes the measured stiffness to be too low,
whereas unintended filtering emulates a stiffer trap due to the relative reduction in total noise. The
variance method described above allows for none of these problems to be diagnosed.
To better understand the effect of filtering on a power spectral analysis of trap stiffness consider
Figure 20, which shows the power spectra for two trapped beads with the same drag coefficient, but
where one trap is 10 times stiffer than the other. You can see that at the higher stiffness the total
ampitude is lower, but also that more relative information is contained at higher frequencies.

Figure 19: Calculated power spectrum
for two trapped beads, with one trap 10
times stiffer than the other.
The variance calculation is essentially an integration of the power spectra over the aquisition frequency
range. Figure 19 shows the relative error, i.e. the integral of the power spectrum up to maximum
frequency divided by the actual variance (zero is bad and one perfect). For the weaker trap the integral
quickly converges to the correct answer, but for the stronger trap you have to integrate out to a much
higher frequency. With a limited bandwidth, lets say 200 in the units of Figure 19, you get just about
the right answer for the weaker trap stiffness, but would be 65% too high for the stronger trap using the
variance method.
A third method of stiffness calibration directly balances the trapping force with a drag force. The
coverslip, attached to a piezo-controlled microscope stage, is moved at a constant velocity. Forces up
10 pN on a 500–nm bead can be achieved by moving the stage at a velocity of 2 mm/s, close to the limit
of the current generation of nanopositioning stages. For a given velocity, the trap stiffness is given by
α=

βv
∆x

(12)

where β is the drag coefficient corrected for the proximity to the surface, v is the stage velocity and ∆x
is the measured displacement of the bead from the trap center. By measuring the displacement for a
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Figure 20: Fractional error when calculating the variance at a limited
bandwidth.
series of different stage velocities, one is able to use this method to probe the linearity of the optical
trap, something that cannot be done with the other two methods. In practice, this calibration method
is less straight forward than the others. The stage z–axis is never exactly aligned with the optical axis
of the microscope such that large lateral movements change the relative height of the bead above the
coverslip. This is accounted for by measuring the slope of the surface height change and compensating
for this during the sweep. In addition, the PI stages takes tens of milliseconds to get up to the desired
speed. Considering that the total range of the stage is 100 µm laterally, a 2 mm/s sweep lasts for only
50 ms. Care must be taken to only sample the bead displacement when the stage is at the desired
speed. When all extra sources of noise and filtering are taken into account, the three different methods of
calibrating trap stiffness usually agree to within 5–10%. It is a good idea to use all three methods when
first calibrating an optical trap. However, on a daily basis, the power- spectrum method affords the most
information in the least amount of time.

9

Computer control and optical traps

Much effort has been spent designing optical traps so that they may be controlled via a computer. Not
only does this make many things easier through the use of large programs that combine many complicated
tasks, but it also allows for software feedback to be used where hardware algorithms would be difficult
to implement [24]. Currently, computer control of the Physik Instrumente microscope stage is via a
GPIB interface, although a higher speed method is now available using a National Instruments PXI
interface. These stages have capacitive position feedback with an accuracy of 0.3 nm and a range of
100×100×20µm. The AOD drive frequency is generated by a PCI-bus card which is run with custom
software from IntraAction Corp. These cards are accessed directly via specific memory addresses in the
case of the Windows 95/98 operating systems with an access time of 10 µs on a 500 MHz Pentium III
Dell computer, or by going through the central kernel in a Windows NT system with an access time
of 20 µs on a 2 GHz Pentium 4 Dell computer. Data from the QPD or PSD are processed by custom
electronics [24, 35], and anti–alias filtered before A/D conversion by a National Instruments DAQ board.
Real–time video from a CCD camera placed in the image plane of the microscope is digitized with a
National Instruments PCI card. This video signal can be used to track the position of a bead in three
dimensions, with some limitations. Software to control the stage, and AODs, as well as to sample the
position detection signals is written in National Instruments LabVIEW. LabVIEW interfaces extremely
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well with the National Instruments hardware described above, and makes it easy to create graphical user
interfaces. Currently, data analysis software is written in Wavemetrics Igor Pro, which offers a good
blend of numerical programming and presentation-ready graphics.
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